Voltage unbalance is one of the main power quality problems, and the source of many negative effects on utilities that are experienced by customers. In this paper, a method based on robust independent component analysis (RICA) for responsibility division of unbalanced sources is proposed for voltage unbalance. According to the weak correlation between negative-sequence voltage and upstream and downstream current fluctuation at the point of common coupling (PCC), the independent component of the negative-sequence voltage and current fluctuation at the point of common coupling is obtained by RICA. The blind source mixing coefficient matrix can be obtained according to the least squares method. The equivalent negative-sequence impedance on both sides of the PCC can be obtained using the linear correlation between the mixing coefficients. Finally, according to the principle of partial pressure, the unbalance contribution of the upstream and downstream at the PCC is calculated. The method is accurate for upstream and downstream impedance estimation compared with the traditional method, and has a strong anti-interference ability. When the background noise or system fluctuation is large, the responsibility division result is still accurate. The correctness and effectiveness of the proposed method are proven by the simulation of the experimental circuit.
Introduction
With the deepening of reform, electric retail companies will enhance their competitiveness by improving service levels, providing value-added services and better-quality power. As one of the main power-quality problems, voltage unbalance has caused widespread concern among power sellers and consumers [1] [2] [3] [4] . Voltage unbalance refers to the phenomenon that the voltage amplitude of the fundamental frequency is not equal, or that the phase is offset in a three-phase power system [5, 6] . In a power system, voltage unbalance is the result of a combination of numerous unbalanced sources. Unusual access or operation of sources, lines, and loads can cause voltage unbalance, such as single-phase ground faults, wire break resonance, single-phase load access, asymmetrical wiring distribution of transformers, and so on [1] . Voltage unbalance has many negative effects on distribution networks and customers. For example, transmission line losses increase and grid operations overheat, reducing operating efficiency and equipment life, and increasing equipment maintenance costs. In 2008, the International Electro-Technical Commission released regulations about the limits of unbalanced loads accessing high voltage, medium voltage and low voltage systems [7] . When an unbalance at the point of common coupling (PCC) exceeds the standard in a power system, the unbalanced source needs to be located and the penalties should be quantified that grid companies and customers should be exposed to by unbalanced responsibility division calculations.
At present, the research on voltage unbalance mainly focuses on the division of unbalanced responsibility, unbalanced source location, calculation of node unbalance [1] [2] [3] [4] [5] [6] [7] [8] [9] [10] [11] [12] [13] [14] [15] , and research on voltage unbalance mitigation measures. The assessment of the contribution of unbalanced sources at the point of common coupling is the premise of responsibility division and governance. Mahyar Abasi proposed to establish a model in the n-node radial distribution network to analyze the impact of loads, lines, and sources on the system unbalance, but the topology of the system needs to be known [4] . According to circuit topology, Sun Yuanyuan has derived the general formula for the division of unbalanced sources responsibility, which only requires knowledge of the voltage and current at the PCC [5, 6] . In [8] , the three-phase power flow method was used to evaluate the effects of unbalanced sources and loads on the unbalance factor. In [9] , the three traditional methods of IEC (International Electrotechnical Commission)-three-phase power flow, and the conforming and nonconforming current methods-are used to calculate the effect of unbalanced sources responsibility division, and the advantages and disadvantages of each method are discussed. Milanovic calculated the range of voltage unbalance factor by Monte Carlo simulation, and estimated the unbalance from historical data even where the test data were missing [10] . A method has also been proposed to improve the computational efficiency of unbalance factor by transforming the square root operation into a trigonometric equation of geometry, then approximating the trigonometric equation by algebraic operations [11] . Jayatunga proposed deterministic methodologies to assess constituent components of postconnection voltage unbalance levels at the point of evaluation in interconnected and radial networks [12, 13] . The above scholars have provided many methods for the calculation of unbalance factors and contribution determination, but there are still many shortcomings.
In view of the shortcomings of the above literature, this paper proposes a method based on robust independent component analysis (RICA) for unbalanced sources responsibility division. According to the weak correlation between the negative-sequence voltage and the current fluctuation of upstream and downstream at the point of common coupling, the independent component of the negative-sequence voltage and current fluctuation could be obtained by RICA. The blind source mixing coefficient matrix can be obtained according to the least squares method. The equivalent negative-sequence impedance on both sides can be calculated by using the linear correlation between the mixing coefficients. Finally, according to the principle of partial pressure, the unbalance contribution of the upstream and downstream at the PCC could be obtained. Determined through simulation experiments, the estimated value of system impedance and the result of responsibility division calculated by the method proposed in this paper were more accurate than traditional methods. At the same time, the method had a strong anti-interference ability, and system noise and fluctuation had little influence over the result error.
The main contents of the paper are summarized as follows. In Section 2, the unbalanced source equivalent model is established and a responsibility division index is proposed. In Section 3, the equivalent current source and equivalent impedance are solved using RICA and a least squares method, then dividing the unbalanced responsibility. The calculation steps are summarized in Section 4. The simulation and field data analysis results are given in Section 5. The conclusion is summarized in Section 6.
Unbalanced Source Equivalent Analysis Model

Voltage Unbalance Factor
Three-phase unbalance is one of the main problems with power quality. Voltage unbalance factor (VUF) is a commonly used indicator for quantifying the severity of unbalances, and is usually calculated by dividing the negative-sequence voltage or current by the positive-sequence voltage or current [14] , as shown in Equations (1) and (2) . 
where U negative is the negative-sequence voltage rms, and U positive is the positive-sequence voltage rms. I negative and I positive are the negative-sequence and positive-sequence current rms, respectively. In EN 50160 [15] , it is stipulated that 95% of the average voltage unbalance factors in 10 min cannot exceed 2% in one week in LV (low voltage) and MV (medium voltage) networks, and cannot exceed 1% in one week in HV (high voltage) networks. As shown in Figure 1 , the power-in end of the important customer is a measurement point, and the system side on the left of the PCC is referred to as the upstream, while the customer load on the right side of the PCC is referred to as the downstream. The unbalance sources of upstream include uneven line impedance and other load impedance unbalances in the system. The unbalance sources of downstream include single-phase loads, dual-phase loads and three-phase unbalanced loads. 
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Unbalanced Source Equivalent Model 103
The influence of the upstream and downstream on the negative-sequence current at the PCC is 104 equivalent to the negative-sequence Norton equivalent circuit, as shown in Figure 2 . Equation (3) is 105 obtained from the Norton equivalent circuit: 106
where Δ IU2 and Δ IL2 are the equivalent negative-sequence current source-fluctuation vector values 107 of the upstream and downstream, respectively; Δ UPCC2 and Δ IPCC2 are the negative-sequence voltage-108 fluctuation vector and negative-sequence current-fluctuation vectors of the PCC, respectively; and 109 ZU2 and ZL2 are the equivalent negative-sequence impedance of the upstream and the downstream, 110
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The influence of the upstream and downstream on the negative-sequence current at the PCC is equivalent to the negative-sequence Norton equivalent circuit, as shown in Figure 2 . Equation (3) is obtained from the Norton equivalent circuit:
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where ∆U PCC2,x ,∆U PCC2,y ,∆I PCC2,x , and ∆I PCC2,y are the real and imaginary parts of the voltage and current vector fluctuations at the PCC; ∆I D2,x ,∆I D2,y ,∆I U2,x , and ∆I U2,y are the real and imaginary parts of the downstream and upstream current source vector fluctuations, respectively; a ij (i, j = 1, 2, 3, 4) is the unbalanced current fluctuation coefficient and is only related to the equivalent impedance.
The three-phase current and voltage at the PCC can be obtained by measurement, and the collected information is subjected to Fourier analysis to obtain the fundamental frequency component of the voltage and current. By calculating the symmetrical component method, the phase component can be converted into the sequence component, as shown in Equations (5) and (6) .
where α = e j2π/3 , and I C are the three-phase voltage and current, respectively. When the unbalanced source on the upstream acts alone, the unbalanced negative-sequence voltage U upstream2 generated at the PCC can be derived according to Ohm's law:
Since the unbalanced voltage of the PCC is formed by the superposition of the upstream and downstream vector, the unbalanced negative-sequence voltage generated by the unbalanced downstream source acting alone at the PCC can be calculated according to Equation (8) .
The upstream and downstream contributions to the unbalanced negative-sequence voltage of PCC are shown in Figure 3 . The indicator of unbalanced responsibility is shown in Equations (9) and (10) .
If F up is much larger than F down , the upstream is the main source of unbalance. If F down is much larger than F up , the downstream is the main source of unbalance. The responsibilities of both sides can be obtained by F up and F down . downstream source acting alone at the PCC can be calculated according to Equation (8) . 130
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Unbalanced Responsibility Division Based on RICA Principle
RICA
Independent component analysis (ICA) was developed with the problem of blind source separation (BSS) [16] , and finds optimal step sizes through a linear search. The mathematical model of ICA is
where t (t = 1,2, . . . , t n ) is discrete time; S(t) is the source signal, and S(t) = [S 1 (t), S 2 (t), . . . , S N (t)] T ; and X(t) is a matrix of observable signals, and
A is a mixing matrix that reflects the weight ratio of the source signal S(t) in the observed signal. Y = [y 1 , y 2 , . . . , y N ] T is the estimator, and the signal vector Y is a reliable estimate of the source signal vector S, as shown in Equation (12):
Equation (13) can be obtained by combining Equation (11) with Equation (12):
where D is a global matrix. Scholars such as Zarzoso have proposed a high-efficiency calculation method for blind source separation [17] [18] [19] [20] . The non-Gaussian properties of Y are often measured using kurtosis, the simple expression of which is kurt(y) = E{y 4 } − 3(E{y 2 }) 2 (14) where E{·} indicates mathematical expectation.
The purpose of RICA is to get the unmixing matrix W, and kurtosis is expressed as a function of the unmixed vector ω:
At the same time, the same criteria as kurtosis can be expressed as a step polynomial or rational function. Using the exact linear search of the kurtosis absolute objective function, the global optimal step size µ opt is determined by finding the root of the low-order polynomial. The expression is as follows:
where the search direction g is usually a gradient, and g = ∇ ω K(ω), as shown in Equation (17).
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Equation (15) is transformed into the function of µ:
Find the root {µ l } 4 l=1 of the step-size polynomial so that the absolute value of the objective function along the search direction is the largest:
Updating the unmixing matrix using the root of the step-size polynomial obtained:
In order to correct the ambiguity caused by scale invariance, the unmixing matrix needs to be normalized:
Unbalanced Responsibility Division based on RICA
As shown in Equation (22), Equation (4) is converted to the RICA standard matrix form:
where the observation signal is X = [∆U PCC2,x , ∆U PCC2,y , ∆I PCC2,x , ∆I PCC2,y ] T . The source signal is I = [∆I D2,x , ∆I D2,y , ∆I U2,x , ∆I U2,y ] T , and A is the coefficient matrix. According to Equation (4), the observed signal (∆U PCC2,x , ∆U PCC2,y , ∆I PCC2,x , and ∆I PCC2,y ) is a linear combination of the source signals (∆I D2,x , ∆I D2,y , ∆I U2,x , and ∆I U2,y ). Four independent source signals I j (j = 1, 2, 3, 4) can be obtained by unmixing the matrix X using RICA. Assume that the relationship between the independent component I j and the source signal after unmixing is:
where β j (j = 1, 2, 3, 4) is a non-zero real number. Calculate the mixing coefficient P i of I j using the least squares method, as shown in Equation (24):
where
The element p ij in the mixing coefficient P i has a proportional relationship with a ij in Equation (4):
The solution of Equations (26) and (27) are the same and can be derived as
The real part of the impedance in the system is mostly positive, and the upstream and downstream impedance can be judged according to the signs of Z U2,x and Z D2,x in Equation (28). Based on the Z U2 and Z D2 that have been solved, it is possible to calculate the negative-sequence voltages U upstream2 and U downstream2 , as shown in Equations (7) and (8), respectively. Finally, the unbalanced contributions of upstream and downstream are calculated using Equations (9) and (10).
Calculation Steps and Flow Chart
The analysis steps for determining the unbalanced source responsibility division based on robust independent component analysis (RICA) are summarized as follows.
Step 1: Measure the three-phase voltages and currents of the point of common coupling. The fundamental frequency component of the voltage and current at the PCC can be obtained by discrete Fourier analysis. The phase component is converted into the sequence component by the symmetrical component transformation, as shown in Equations (5) and (6) .
Step 2: Calculate the fluctuation of the negative-sequence voltage and current, separate the real part and the imaginary part, and write the standard form of the blind source separation matrix, as shown in Equation (4). The Norton equivalent current is separated using RICA. The matrix of mixing coefficients is calculated according to Equation (24) . The equivalent impedance magnitude is obtained according to the linear relationship between the mixed matrix elements and the upstream and downstream equivalent impedances, as shown in Equation (28).
Step 3: Calculate the negative-sequence voltage contributed by the upstream and downstream at the PCC point according to Equations (7) and (8) . The unbalanced responsibility division is performed according to the projection ratio of the negative-sequence voltage of the unbalanced sources of upstream and downstream on the total negative-sequence voltage of the PCC.
In summary, the calculation steps are shown in Figure 4 .
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Case Study Results Analysis
Unbalanced Responsibility Division
Taking the system shown in Figure 5 as an example, the RICA method proposed in this paper, the Gauss-Newton iteration method proposed in [21] , and the unbalance factor method proposed in [6] were compared in different scenarios to verify the superiority of RICA in regards to system parameter estimation, responsibility division, system parameter fluctuation scenarios and anti-interference ability.
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In Figure 5 , ES is the equivalent background voltage of the upstream system, the rated voltage is 219 10 kV, and the frequency is 50 Hz. Zsys is the system impedance, with a self-impedance of 0.6584 + 220
j3 Taking the system of Figure 5 as an example modeled in ETAP (an analytical engineering 228 software) to verify the accuracy of the proposed method for parameter estimation, the voltages of 229
Phase A and Phase B were both rated value, the voltage of Phase C is 95% of the rated value. The 230 three-phase angle difference is 120°. The loads power of Phase A and Phase B are rated value, and 231
the load power of C-phase is gradually reducing from 100% to 40%. The system background noise 232 was zero. The three-phase voltage and current data of the PCC were measured, and the sampling 233 frequency was 1.2 kHz. Every 1200 data were considered a data segment. The equivalent negative-234 In Figure 5 , E S is the equivalent background voltage of the upstream system, the rated voltage is 10 kV, and the frequency is 50 Hz. Z sys is the system impedance, with a self-impedance of 0.6584 + j3.2515 Ω and a mutual impedance of −0.1035 + j0.0859 Ω. The lengths of the transmission lines 1, 2 and line 3 are 10, 20 and 30 km, respectively. The unit length self-impedance is 0.4485 + j1.2541 Ω/km, the mutual impedance is 0.0254 + j1.6584 Ω/km, and b = 2.74 × 10 −6 S/km. The rated load capacities for the three feeders are 30 + j12 MV·A, 20 + j15 MV·A, and 20 + j10 MV·A.
Norton Equivalent Circuit Parameter Estimation
Taking the system of Figure 5 as an example modeled in ETAP (an analytical engineering software) to verify the accuracy of the proposed method for parameter estimation, the voltages of Phase A and Phase B were both rated value, the voltage of Phase C is 95% of the rated value. The three-phase angle difference is 120 • . The loads power of Phase A and Phase B are rated value, and the load power of C-phase is gradually reducing from 100% to 40%. The system background noise was zero. The three-phase voltage and current data of the PCC were measured, and the sampling frequency was 1.2 kHz. Every 1200 data were considered a data segment. The equivalent negative-sequence impedance on the upstream and downstream were calculated using the method described in Section 3.2 and the Gauss-Newton iteration method in [21] , respectively.
Because the RICA method and Gauss-Newton iteration algorithms use an recursive form to achieve an acceptable error during iterative calculation, different initial iterations and iterations may result in different iteration results. In order to reduce the error, the iterative initial value was changed in each scene, and the experiment was repeated 50 times. The non-convergence was discarded, and the other calculation results were averaged. Taking the rated value of load power of C-phase as an example, the equivalent-impedance of upstream was calculated using the RICA method and the Gauss-Newton iteration method, respectively. The absolute value of the equivalent impedance of upstream was 5.069 Ω. The calculation results and the execution times of the algorithm are shown in Figures 6 and 7 , respectively. 
260
The execution times of the algorithm for each calculation are shown in Figure 7 . Among them, 261 the blue dot indicates the iteration time when the calculation results converge, and the red dot 262
represents the algorithm running time when the calculation results do not converge. When the 263 calculation results converged, the algorithm running times of the RICA method and Gauss-Newton 264 iteration method were not much different. The average time of the RICA method was 352 ms, and 265 the average value of the Gauss-Newton iteration method was 487 ms, meaning that the execution 266 time of the RICA method was slightly shorter. When the results did not converge, the algorithm 267 stopped automatically after 5000 iterations. 268 
The execution times of the algorithm for each calculation are shown in Figure 7 . Among them, 261 the blue dot indicates the iteration time when the calculation results converge, and the red dot 262 represents the algorithm running time when the calculation results do not converge. When the 263 calculation results converged, the algorithm running times of the RICA method and Gauss-Newton 264 iteration method were not much different. The average time of the RICA method was 352 ms, and 265 the average value of the Gauss-Newton iteration method was 487 ms, meaning that the execution 266 time of the RICA method was slightly shorter. When the results did not converge, the algorithm 267 stopped automatically after 5000 iterations. 268 (a) (b) Figure 7 . The execution times of (a) the RICA method, and (b) the Gauss-Newton iteration method.
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It can be seen from Figures 6 and 7 that in the same simulation scenario, when the initial values 270 of the iterations are the same, the times in which the calculation results of the RICA method did not 271 converge were less than the Gauss-Newton iteration method. The RICA calculation results were 272 more stable and closer to the true value, and the algorithm ran for a shorter time, reflecting the 273 superiority of that method.
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The system parameters were changed five times. Each experimental point was repeated 50 times, 275 In Figure 6 , the abscissa indicates the number of calculations. For example, an abscissa of 5 denotes the calculation of the fifth iteration. The ordinate is the calculated value of the upstream equivalent impedance. When the iterative initial value is far from the optimal solution, it may happen that the iteration does not converge. In Figure 6 , the points where the iteration does not converge are indicated by red dots, and the convergence values are represented by blue dots. It can be seen from the figure that the variance of the convergence data over 50 calculations using the RICA method was 0.112, the fluctuation was small, and it was close to the true value. There were only six occurrences of non-convergence, and the number of non-convergences accounted for 12% of the total number of calculations. The repeated experimental results of the Gauss-Newton iterative method were more volatile than the RICA method, and the effective data variance was 0.246, which was quite different from the true value. A total of 17 non-convergences occurred, accounting for 34% of the total number of calculations.
The execution times of the algorithm for each calculation are shown in Figure 7 . Among them, the blue dot indicates the iteration time when the calculation results converge, and the red dot represents the algorithm running time when the calculation results do not converge. When the calculation results converged, the algorithm running times of the RICA method and Gauss-Newton iteration method were not much different. The average time of the RICA method was 352 ms, and the average value of the Gauss-Newton iteration method was 487 ms, meaning that the execution time of the RICA method was slightly shorter. When the results did not converge, the algorithm stopped automatically after 5000 iterations.
It can be seen from Figures 6 and 7 that in the same simulation scenario, when the initial values of the iterations are the same, the times in which the calculation results of the RICA method did not converge were less than the Gauss-Newton iteration method. The RICA calculation results were more stable and closer to the true value, and the algorithm ran for a shorter time, reflecting the superiority of that method.
The system parameters were changed five times. Each experimental point was repeated 50 times, then averaged. The results are shown in Table 1 . In Figure 8 , the C-phase load variation is the abscissa, and the modulus values of Z U2 and Z D2 are the ordinate. By observing the graph data, it can be found that when the upstream system parameters were unchanged, the degree of C-phase load unbalance increased, and the upstream negative-sequence impedance calculation value was basically unchanged, while the downstream negative-sequence impedance increased. The average deviation of the upstream negative-sequence impedance calculated by RICA was 1.89%, and the average deviation of the downstream negative-sequence impedance was 6.21%. The Gauss-Newton iteration method calculated the average deviation of the negative-sequence impedance on the upstream side as 10.25%, and the average deviation on the downstream side of the negative-sequence impedance as 11.00%. It can be seen that the error of the calculation results using the RICA method was much smaller than for the Gauss-Newton iteration method. The degree of fluctuation of the Gauss-Newton iterative method increased with increasing unbalance, while the results of the RICA method were more stable. Using RICA calculations did not require whitening to reduce the correlation between data [20] , which was beneficial to improving estimation accuracy. However, the robustness of the algorithm at the outliers was poor, so it is estimated that there was a certain deviation between the upstream and downstream equivalent impedance. When estimating the equivalent impedance for the downstream, the Gauss-Newton iteration method considered that the negative-sequence impedance was equal to the positive-sequence impedance, and introduced a large error. sequence impedance calculation value was basically unchanged, while the downstream negative-282 sequence impedance increased. The average deviation of the upstream negative-sequence impedance 283 calculated by RICA was 1.89%, and the average deviation of the downstream negative-sequence 284 impedance was 6.21%. The Gauss-Newton iteration method calculated the average deviation of the 285 negative-sequence impedance on the upstream side as 10.25%, and the average deviation on the 286 downstream side of the negative-sequence impedance as 11.00%. It can be seen that the error of the 287 calculation results using the RICA method was much smaller than for the Gauss-Newton iteration 288 method. The degree of fluctuation of the Gauss-Newton iterative method increased with increasing 289 unbalance, while the results of the RICA method were more stable. Using RICA calculations did not 290 require whitening to reduce the correlation between data [20] , which was beneficial to improving 291 estimation accuracy. However, the robustness of the algorithm at the outliers was poor, so it is 292 estimated that there was a certain deviation between the upstream and downstream equivalent 293
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In this simulation, the system unbalance was adjusted by changing the amplitude of the 301 upstream power system phase voltage and the downstream load capacity. The Gauss-Newton 302 iteration method, RICA method and the method proposed in [6] were used to calculate the unbalance 303 Figure 8 . Relationship between equivalent impedance and load unbalance factor: (a) relationship between upstream equivalent impedance and load unbalance factor; (b) relationship between downstream equivalent impedance and load unbalance factor.
Unbalanced Source Responsibility Division
In this simulation, the system unbalance was adjusted by changing the amplitude of the upstream power system phase voltage and the downstream load capacity. The Gauss-Newton iteration method, RICA method and the method proposed in [6] were used to calculate the unbalance contribution and compared with the actual values to verify the rationality and effectiveness of the RICA method.
Simulation 1
As shown in Figure 5 , the upstream power system had a voltage rating of 10 kV and a frequency of 50 Hz. The voltage amplitudes of Phase A and Phase B were rated value, and the voltage of Phase C was 95% of rated value. The phase difference was 120 • . At the same time, the load power of Phase A and Phase B were rated value, and the load power of Phase C was 30% of rated value. The system background noise was zero. The sampling frequency was 1.2 kHz. Every 1200 data were considered a data segment. Each experimental point was repeated 50 times, with the results averaged. The unbalanced positioning results are shown in Table 2 . According to the results in Table 2 , the unbalance contribution of the upstream at the PCC was 20.72% as calculated by RICA, with a deviation of 9.51%. The contribution of the downstream was 79.28%, with a deviation of 2.22%. The Gauss-Newton iteration method calculated the deviation of the upstream contribution as 48.63%, and the downstream contribution deviation as 11.35%. RICA was closer to the true value than Gauss-Newton iteration, and had higher accuracy.
Using the method proposed in [6] , the responsibility was divided by calculating the ideal unbalance factors caused by the upstream and downstream at the PCC, and compared with the actual system unbalance. According to the above system operating state, the upstream unbalance contribution could be calculated as 22.43%, and the downstream unbalance contribution as 77.57%. The four methods are compared in Figure 9 . By comparing the deviations of the calculated results from the actual values, it can be found that the deviation of the RICA method was the smallest, and the accuracy of the results was the highest. According to the results in Table 2 , the unbalance contribution of the upstream at the PCC was 315 20.72% as calculated by RICA, with a deviation of 9.51%. The contribution of the downstream was 316 79.28%, with a deviation of 2.22%. The Gauss-Newton iteration method calculated the deviation of 317 the upstream contribution as 48.63%, and the downstream contribution deviation as 11.35%. RICA 318 was closer to the true value than Gauss-Newton iteration, and had higher accuracy. 319
Using the method proposed in [6] , the responsibility was divided by calculating the ideal 320 unbalance factors caused by the upstream and downstream at the PCC, and compared with the actual 321 system unbalance. According to the above system operating state, the upstream unbalance 322 contribution could be calculated as 22.43%, and the downstream unbalance contribution as 77.57%. 323
The four methods are compared in Figure 9 . By comparing the deviations of the calculated results 324 from the actual values, it can be found that the deviation of the RICA method was the smallest, and 325 the accuracy of the results was the highest. 326 
Simulation 2
The voltage amplitude and frequency of the power supply system were unchanged. The voltage amplitudes of Phase A and Phase B were rated value, and the voltage of Phase C was 90% of rated value. The phase difference was 120 • . The load power of Phase A and Phase B were rated value, and the C-phase load was 60% of the rated power. The other conditions were the same as those in Table 2 , and the results of the unbalanced positioning are shown in Table 3 . The upstream contribution was 25.58%, as calculated by RICA, and the contribution of the downstream side was 74.42%. The amounts of deviation were 7.93% and 2.46%, respectively, which were closer to the true value than the Gauss-Newton iteration method, and had higher accuracy. Using the method proposed in [6] , the upstream unbalance contribution could be calculated as 27.82%, and the downstream unbalance contribution as 72.18%. The deviation was larger than the result calculated by the RICA.
Summary and Analysis
According to the results of the two experiments in Sections 5.1.2.1 and 5.1.2.2, when calculating the component of the upstream negative-sequence voltage at the PCC point, the calculation results of the RICA method were closer to the true value, and were more accurate in calculating the upstream and downstream unbalance contributions. The three methods were used to calculate the unbalance contributions, and the RICA method had the highest accuracy.
The positive-sequence impedance and the negative-sequence impedance are considered equal in Gauss-Newton iteration method [21] . This assumption is true when calculating static loads (e.g., a line, a transformer, etc.), but is not suitable for rotating devices, which thereby introduces an error resulting in the Z D2 deviation. The true value is large, which reduces the accuracy of the calculation results. In [6] , because the passive load power and motor parameter are estimated according to the system, it is difficult to implement when the system parameters are unknown, and a large error will be introduced. In addition, it is assumed that the passive and induction motor loads are connected in parallel at the PCC in [6] . However, in the actual system, the connection mode of the downstream load may vary, and the calculation method of the unbalance factor proposed has certain limitations.
Influence of System Parameter Fluctuations on Impedance Measurement
While the model parameters remained unchanged on the basis of Section 5.1.2.1, 0-30% of sinusoidal fluctuations and the random disturbance of ±5% of the voltage amplitude were added. The accuracy of the measurement results of Z U2 and Z D2 are shown in Table 4 . The true values of Z U2 and Z D2 were 4.9874 − j0.8753 and 6.2249 − j3.0010, respectively. By calculating the deviation of the impedance modulus, the influence of the system parameter fluctuation on the calculated values of equivalent impedance on the upstream and the downstream as observed, as shown in Figure 10 . The true values of ZU2 and ZD2 were 4.9874 -j0.8753 and 6.2249 -j3.0010, respectively. By 364 calculating the deviation of the impedance modulus, the influence of the system parameter 365 fluctuation on the calculated values of equivalent impedance on the upstream and the downstream 366 as observed, as shown in Figure 10 . 367 
371
By observing Table 4 and Figure 10 , it can be found that as the sinusoidal fluctuation increases, 372
the equivalent impedance deviation on the upstream and the downstream increases; however, the 373 RICA calculation results were more stable and the variation smaller. At the same time, in the case of 374 the same sinusoidal fluctuation, the RICA method was closer to the true value than the Gauss-375
Newton iteration. The calculation result of the RICA method had minimal fluctuation and strong 376 Figure 10 . Relationship between the equivalent-impedance calculation and the sinusoidal fluctuation of the system parameters: (a) relationship between upstream impedance deviation and the sinusoidal fluctuation of the system; (b) relationship between downstream impedance deviation and the sinusoidal fluctuation of the system. Table 4 and Figure 10 , it can be found that as the sinusoidal fluctuation increases, the equivalent impedance deviation on the upstream and the downstream increases; however, the RICA calculation results were more stable and the variation smaller. At the same time, in the case of the same sinusoidal fluctuation, the RICA method was closer to the true value than the Gauss-Newton iteration. The calculation result of the RICA method had minimal fluctuation and strong anti-interference ability, and the superiority was more significant.
By observing
In [21] , the three-point method is used to select appropriate data for multi-point estimation to ensure that the system parameters remain unchanged during this period. However, if the amount of data is too small, valid data cannot be selected and the system parameters cannot be calculated. Meanwhile, if the initial value of the Gauss-Newton iteration is too large to deviate from the optimal solution, the iteration may not converge, or may converge at the saddle point and therefore cannot be further calculated.
The Effect of Noise on Measurement Error
Different intensity of Gaussian white noise is added to the system based on the experimental parameters of Section 5.1.2.1. The signal-to-noise ratio was increased from 3 to 27 dB. The sampling frequency was 1.2 kHz. Every 1200 data was considered a data segment. The RICA method, unbalance factor method proposed in [6] and Gauss-Newton iteration method were used for the experiment respectively. Each experiment was repeated 50 times, with the results averaged. The influence of system noise on the calculation was obtained. The test results are presented in Table 5 . In order to more intuitively see the accuracy of the results, a histogram of the upstream unbalance contribution as a function of the signal-to-noise ratio calculated by the three methods was plotted, as shown in Figure 11 .
After adding noise of different intensities, it could be found that the deviation of the calculated results of the three methods in Figure 11b showed that the deviation calculated by three methods decreases with an increase of the signal-to-noise ratio. The value calculated by the Gauss-Newton iteration method and unbalance factor method was greatly affected by noise. At the same time, because the Gauss-Newton iteration method uses the three-point method to filter data, when the measurement noise was too large, the system parameters could not be calculated. The responsibility division calculation results of the RICA method were less affected by the signal-to-noise ratio, and the deviation from the true value was small. The calculation results were relatively stable and had a strong anti-interference ability.
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Three-Phase Unbalance FactorCalculation based on Measured Data 407
In order to further verify the effectiveness of the method, the measured data was calculated. 408
High-speed rail and subway are the typical sources of unbalance in cities and are the main research 409
and governance targets. This section takes a high-speed rail station in a certain area as an example to 410 calculate the unbalance of a substation's power supply based on the measured data. The traction load 411 of the electrified railway was powered by single-phase AC power, which destroys the symmetrical 412 operating conditions of the power system. When the three-phase power system supplies power to it, 413 a large number of negative-sequence components will appear in the system, resulting in unbalanced 414 three-phase voltage of the power system [22] [23] [24] . 415
Taking a single-phase coupled traction substation as an example, assume that the three-phase 416 voltage of the traction transformer is symmetrical, with the power supply factors of the two power-417 supply arms on the secondary side being equal and the no-load current of the traction transformer 418
ignored. The parameters of a traction substation and the operating parameters of electric locomotives 419 are shown as (Tables 6 and 7) . 420 
Three-Phase Unbalance Factor Calculation Based on Measured Data
In order to further verify the effectiveness of the method, the measured data was calculated. High-speed rail and subway are the typical sources of unbalance in cities and are the main research and governance targets. This section takes a high-speed rail station in a certain area as an example to calculate the unbalance of a substation's power supply based on the measured data. The traction load of the electrified railway was powered by single-phase AC power, which destroys the symmetrical operating conditions of the power system. When the three-phase power system supplies power to it, a large number of negative-sequence components will appear in the system, resulting in unbalanced three-phase voltage of the power system [22] [23] [24] .
Taking a single-phase coupled traction substation as an example, assume that the three-phase voltage of the traction transformer is symmetrical, with the power supply factors of the two power-supply arms on the secondary side being equal and the no-load current of the traction transformer ignored. The parameters of a traction substation and the operating parameters of electric locomotives are shown as (Tables 6 and 7 ). The calculation formula for the average current of the power supply arm is as follows:
where t i is the total travel time of the train in the i-th interval, including stop time; A i is the energy consumption of trains in t i ; N is the number of trains in the power supply arm; T is the full time (1440 min); and m is the average number of trains that exist simultaneously on the power supply arm. If the positive-sequence impedance and the negative-sequence impedance of PCC are equal, the negative-sequence voltage unbalance factor is
where I 2 is the negative-sequence current RMS, U L is the line voltage, and S is the three-phase short circuit capacity of PCC. According to Equations (29)-(31), the average current of the α arm is 1117.73 A, and the average current of the β arm is 1369.58 A. The negative-sequence voltage unbalance factor is
Since the measured data have a certain volatility, the negative-sequence voltage and unbalance factors of the traction substation are not constant. The RICA method and the Gauss-Newton iteration method in simulation are used to calculate the measured data. The sampling frequency of the measured data is 6.4 kHz, and valid data are calculated every three seconds per sampled value. Every 1200 data are considered a data segment. In Figure 12a , by sliding the window, the upstream negative-sequence impedance of each measurement point can be calculated in 50 hours. The real time unbalance factor is shown in Figure 12b .
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Theoretically, when the power system is running stably, the system's negative-sequence 442
impedance changes little. Section 5.1.3 proves this. In Figure 12a , the impedance calculated by the 443 RICA method is relatively stable, while the calculation result of the Gauss-Newton iteration method 444 fluctuates greatly. The RICA method weakens the interference of background noise according to the 445 random independence of the negative-sequence component emissions on the upstream and 446 downstream, and the calculation result is relatively stable. The negative-sequence impedance 447 amplitude of the calculation results of the Gauss-Newton iteration method fluctuate greatly because 448 the calculation of the impedance value is affected by the noise and harmonics of the system. When 449 the system noise is large and the harmonic source emission level is high, the impedance value is 450 greatly affected. 451
The unbalance factor changes with the load operation state, and has certain regularity. Generally 452 speaking, when there are several trains entering or leaving the station, the unbalance will vary 453 greatly. However, through analysis of the measured data of the project, when system fluctuation is 454 small, the calculation error of RICA is larger. This is also a direction for improvement in the future. 455
Conclusion 456
This paper proposes a new method for the division of unbalanced responsibility at the PCC. The 457 method only needs to use the voltage and current measured by the power-quality loggers at the point 458 of common coupling as the input data, and does not need to know the power system topology.
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The negative-sequence voltage and negative-sequence current fluctuation of PCC were 460 separated by robust independent component analysis, and the equivalent impedances of upstream 461 and downstream sides were calculated according to the least squares method. The unbalance 462
contributions of the upstream and the downstream were calculated according to the unbalance 463
indicators.
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Through simulation analysis, the system impedance estimated by the method proposed in this 465 Theoretically, when the power system is running stably, the system's negative-sequence impedance changes little. Section 5.1.3 proves this. In Figure 12a , the impedance calculated by the RICA method is relatively stable, while the calculation result of the Gauss-Newton iteration method fluctuates greatly. The RICA method weakens the interference of background noise according to the random independence of the negative-sequence component emissions on the upstream and downstream, and the calculation result is relatively stable. The negative-sequence impedance amplitude of the calculation results of the Gauss-Newton iteration method fluctuate greatly because the calculation of the impedance value is affected by the noise and harmonics of the system. When the system noise is large and the harmonic source emission level is high, the impedance value is greatly affected.
The unbalance factor changes with the load operation state, and has certain regularity. Generally speaking, when there are several trains entering or leaving the station, the unbalance will vary greatly. However, through analysis of the measured data of the project, when system fluctuation is small, the calculation error of RICA is larger. This is also a direction for improvement in the future.
Conclusions
This paper proposes a new method for the division of unbalanced responsibility at the PCC. The method only needs to use the voltage and current measured by the power-quality loggers at the point of common coupling as the input data, and does not need to know the power system topology.
The negative-sequence voltage and negative-sequence current fluctuation of PCC were separated by robust independent component analysis, and the equivalent impedances of upstream and downstream sides were calculated according to the least squares method. The unbalance contributions of the upstream and the downstream were calculated according to the unbalance indicators.
Through simulation analysis, the system impedance estimated by the method proposed in this paper was more accurate, and was closer to the true value than the traditional method. As the background noise and system fluctuations increased, the measurement error also increased, but the measurement error of the proposed method was much smaller than the traditional method and shows good anti-interference ability. When calculating the equivalent impedance and unbalance factor of the actual high-speed rail station, the equivalent impedance estimate was relatively stable, and the unbalance was in line with the actual situation. The division of responsibility for multiple unbalanced sources is the research direction to explore. in the future.
